Terminology.
Let F (the fortune space) be a Polish space and % be the σ-algebra of its Borel subsets. Let P F be the set of all countably additive probability measures defined on (/%<$), with the weak topology. To each element / of F assign a non-empty set Γ(/) of gambles (finitely additive probability measures defined on all subsets of F), and let p(y) denote the restriction of a gamble γ to 6 1. Assume that Γ is a Borel gambling house; that is, for every/ E F and γ E Γ(/), p(y) is countably additive and {(/, p(y)): γ G Γ(/)} is a Borel subset of F X P F . This definition of Borel gambling house is the same as that of "measurable gambling house" in [9] .
Let //, the space of histories, be the Cartesian product of countably many copies of the Polish space F. Designate the product topology on H by Π. Also define a second topology, Δ, on H by ignoring the Polish-space structure of F and letting Δ be the product topology on H induced by giving F the discrete topology.
Let/ E F. A strategy available at fis a sequence σ = (σ 0 , σ l9 σ 2 ,...)
where σ () E Γ(/) and for n > 1, σ n is a map from F" to gambles on F such that for each (/, / 2 ,...,/,) E F\ σ, 2 (/, / 2 ,... ,/") lies in Γ(/ w ). A strategy σ is (^-measurable if for each positive integer n, the map is measurable with respect to the σ-algebra generated by the analytic subsets of F n . An (immeasurable strategy σ induces a countably additive probability measure p(σ) on the Π-Borel subsets of H (see [1] , Prop. 7.45 and Cor. 7.42.1). Further, as described in ([3] , Chapter 2), any strategy σ determines a finitely additive probability measure (also denoted by σ) on the Δ-clopen, or finitary, subsets of H. It follows from ([10], § 2), or is easily seen by induction, that if σ is an (ί-measurable strategy, then/?(σ) coincides, on the finitary Π-Borel sets, with the measure described in ( [3] , Chapter 2).
3. The Main Theorem. Let 9H be the set of finitely additive probability measures on the algebra of finitary Π-Borel subsets of H. For any positive integer n, any μ in 91L and any finitary Π-Borel sets
It is routinely verified that the sets of the form N(μ, A x , A 2 ,.. ,A n9 ε) form a neighborhood system for a weak topology on 9H.
In the theorem to follow, we identify a strategy with the probability measure it induces, restricted to the finitary Π-Borel sets. Suppose GElA partition of G is a finite collection (A l9 ... 9 For the proof of the general case, let E k consist of those λ-atoms that lie in S k \ that is,
. ,S n ) is a partition of G and (C λ ,... ,C n ) is a Borel cover of G such that S k C C k for all k, then there exists a Borel partition
Also, let E = U n k=ι E k . Then apply the preceding argument to the Borel cover (C X \E 9 ... 9 C n \E) of G\E to obtain a Borel partition (B x ,...,B n ) of G\E with ^ C C k \E and λ(^) = λ(S k \E) for all A:. Finally, let B k = B k U £^, and (B l9 ... ,B n ) is the desired partition of G. D As in [5] , let Γ°°(/) = (σ: σ is an immeasurable strategy available at/}.
Let P H be the set of all countably additive probability measures on the Π-Borel subsets of H; endow P H with the weak topology. is a Borel-measurable function from F X P H to R.
Proof. Apply the lemma in ([10], §5). D
In the proof of the theorem, we employ the notions of conditional strategy (σ[/]), structure of a finitary mapping, and integral of a bounded, finitary mapping as presented in [3] . We demonstrate (3.1) by transfinite induction on the maximum structure of the indicators of the finitary events A l9 ... 9 A n . Assume (3.1) holds for all /, σ, ε, and all A v ...,A n such that the maximum structure of the indicators of A l9 ... ,A n is less than the ordinal number a. Next, let/ 0 E F, ε > 0, let σ be available at / 0 , and suppose the maximum structure of A χ9 ... 9 A n is a. Let m be a positive integer such that 2/m < ε. Fix k between 1 and n. Employing Theorem 2.8.1 of [3] , calculate: If σ is a strategy, then following Dubins [2] , the restriction of the inner measure of σ to the Δ-open sets is additive and hence can be extended in a unique way to a finitely additive probability measure σ L on the algebra generated by the Δ-open sets. Let % be the algebra of sets which can be approximated from outside by an open set and from the inside by a closed set in such a way that the σ 7 -measure of their difference is small. Denote the natural extension of σ L to % by σ 7 . Purves and Sudderth [7] have shown that the Δ-Borel subsets of H lie within %. If B is an arbitrary Π-Borel (and hence Δ-Borel) subset of //, and e > 0, the author does not know whether there exists an available measurable strategy σ such that \ό(B) -σ L (B)\ < ε. Does the fact that σ can be approximated weakly by measurable strategies imply that σ L (B) can be approximated in an appropriate way? The answer is not clear, even in the particular case where B = AXAXAX---, and A is a Borel subset of F.
